Recently an algebraic approach to topological quantum field theories has
been attentively studied by use of the so-called generalized symmetries. Ap-
plications of the generalized symmetries to theories of gravity are also inves-
tigated, see, e.g., [1, 2]. In this article the authors elaborate these lines of
developments, focusing on linearized gravity. For basics on linearized gravity
discussed in this article, see [3, 4]. Utilizing structural analogy between elec-
tromagnetic theory and linearized gravity, the authors study the so-called
shift symmetries of the graviton. As discussed in this article, use of the
shift symmetries and resultant algebraic properties enables us to treat gen-
eralized symmetries and gauging of them in a transparent way. Interested
readers should also refer to a related paper [5] on gauging of the generalized
symmetries in linearized gravity.
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